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A B S T R A C T

Center-node Unified Power Flow Controller (C-UPFC) is a recent developed Flexible AC Transmission System
(FACTS) device. C-UPFC is a combined shunt-series controller that connected at the midpoint of transmission
lines to control various parameters such as, voltage magnitude at midpoint of line, active and reactive powers
flow at both ends of line. This paper proposed an efficient modelling with handling operating constraints of C-
UPFC device load flow solution. The proposed model based on power injection approach, where the parameters
of C-UPFC are represented as function of the specified control values to keep the original structure of Jacobian
matrix as it is. The operating constraints of C-UPFC including, the series injected voltages, the series current
passing through converters, shunt injected voltage, the injected current of shunt converter, and exchanged
power among converters are handled by an developed innovative methods. The developed handling methods
based on modifying and updating the specified values as a function of maximum limit of the operating con-
straints. The proposed C-UPFC model with developed handling operating constraint methods implemented in
IEEE 30-bus and IEEE 118-bus test systems. The obtained simulation results show the robustness and feasibility
of the proposed model in load flow and superiority of the developed methods over the conventional methods for
handling the operating constraints of C-UPFC.

1. Introduction

In recent years, new types of flexible AC transmission systems
(FACTS) devices have been developed to increase power system op-
eration flexibility, security, loadability and controllability [1–3]. The
center-node unified power flow controller (C-UPFC) is a member of the
FACTS family with very attractive features. This device connected at
the midpoint of transmission line and can be used to control the voltage
magnitude at the mid-point, the active power through the line and the
reactive powers at sending and receiving ends of the transmission line.
This can be achieved by injecting AC voltages with variable magnitudes
and phase angles through three converters combined together via DC
link [4,5].

Very few publications are concerned about C-UPFC, however, they
can be summarized as follows:

– Ooi et al. [4,5], have proposed the C-UPFC as a new FACTS device
which can be used to increase the power transfer capability of a
transmission line. This device can be sited at any point in the
transmission line. However, it is recommended to be near from the

mid-pointt.
– Ajami et al. [6], has presented a transient model of C-UPFC in-
cluding a control system which response not only the step changing
in the active and reactive powers but also is able to exchange the
direction of line active power flows.

– Kamel et al. [7], has proposed current injections modelling of C-
UPFC to be incorporated in Newton–Raphson based on combined
mismatches load flow algorithm.

– However, modelling of FACTS devices in load flow algorithm be-
came an important issue to realise its influences on power system. In
general, the implementation of FACTS controllers into an existing
load flow algorithms increases the complexity of the programming
codes due to the following many reasons: (1) the incorporation of
FACTS in power system requires adding new lines and reference
buses, (2) the series and/or shunt impedances of FACTS have to be
added to the original admittance matrix, (3) the powers contributed
by FACTS have to be taken in consideration in the analysis, (4) new
codes are required to calculate the Jacobian sub-matrices related to
FACTS. Consequently, the basic load flow codes have to be changed.

– Many successful efforts have been produced for modelling the
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different types of FACTS in load flow codes without taking into
consideration the handling operating constraints of these devices.
However, the main contribution in this area can be summarized as
follows;

– Simple FACTS modelling based on decoupled approach has been
proposed in [8]. This modelling has been applied on unified power
flow controller (UPFC) when it used to control the three parameters
(voltage magnitude, active and reactive powers flow) simulta-
neously. This modelling faced the problem of selecting the suitable
starting values of the UPFC parameters. Also it faced the problem
when the UPFC controller is the only link between two sub-net-
works.

– Comprehensive FACTS modelling has been developed in [1,2], to
solve the limitations of decoupled approach. In this modelling, the
size of the Jacobian matrix is increased in order to accommodate the
state variables of FACTS devices.

– FACTS modelling based on matrix partitioning approach has been
developed in [9]. The main drawback of this modelling is that new
codes have to be added.

– Indirect FACTS modelling has been developed in [10–12]. This
modelling tried to reduce the complexities of load flow codes.
However, the main disadvantage of this approach is that the size of
the Jacobian matrix is increased in order to add the state variables
of FACTS devices.

– Refs. [13,14], have proposed an elegant modelling for some FACTS
based on power and current injection approach. These models have
been incorporated in a new load flow method that based on hybrid
power and current injection formulation. By using these models, the
original structure and symmetry of admittance and Jacobian ma-
trices can be unchanged. The control of voltage, active and reactive
power can be done simultaneously or individually. The models solve
the problem that happens when the FACTS is the only link between
two sub-networks. However, the handling of operating constraints
of FACTS parameters has not been addressed yet in this modelling.

Hence, the handling of operating constraints of FACTS must be
considered to determine their practical capabilities. Refs. [15–21] have
presented some FACTS devices and various methods for handling their
violated limits. In these methods, when one of operating constrains is
violated, the required specified values of FACTS must be changed
precisely to adjust the violated value to its maximum limits for max-
imizing the utilization of these devices.

This paper presents a developed C-UPFC model that incorporated in
Newton-Raphson load flow algorithm with innovative methods for
handling its operating constrains violations. The rest of paper is orga-
nized as follows: Section 2 describes the operating principals and
modelling of C-UPFC controller. Section 3 presents the developed
strategies of handling the violated operating constrains of C-UPFC.
Section 4 presents the numerical results based on standard IEEE test
systems. Finally, the conclusions of paper are presented in Section 5.

2. Modelling of C-UPFC for NR load flow algorithm

C-UPFC is connected at the midpoint of transmission line and con-
sisted of three converters, one of them connected in shunt at the mid-
point of transmission line and other two converters connected in series
at sending and receiving sides of transmission line. All these converters
are connected together via a common DC link as shown in Fig. 1 [4,6].

C-UPFC can be represented by three injected voltage sources ( VV, rs ,
Vsh) in series with the impedances of coupling transformers as shown in
Fig. 2. Three auxiliary buses (k, j, n) are added to represent the term-
inals of C-UPFC and determine the power flow directions. The bus at
midpoint (j) represented as a PV-type and the other buses (k, n) as PQ-
type. C-UPFC is included in transmission system where, X/R Ratio is
higher in transmission systems thus for simplifying the calculations, the
resistances of transmission line and the coupling transformers can be

neglected.

2.1. Series converters modelling

For modelling the series converters, the series voltage sources are
converted to current sources (Is, Ir) in parallel with the transformers
reactance according to (1) and (2).

=I V
jXs

s

s (1)

=I V
jXr

r

r (2)

These currents are injected at buses (j,k,n) as shown in Fig. 3. The
injected currents depend on the specified voltage magnitude, line active
power flow and reactive powers at sending and receiving sides (Psp, Qs

sp,
Qr

sp, Vj). By applying Kirchhoff current law's (KCL) at buses (k, n) of
Fig. 3:
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KCL at bus n:
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The injected voltages of series converters can be obtained by sub-
stituting values of Is and Ir from (1) and (2) in (3) and (7), respectively.
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Fig. 1. Schematic diagram of C-UPFC device.
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Referring to Fig. 2 the injected active powers of sending and re-
ceiving series converters can be found as:

= = ∗P P Re V I( ( ) )s
se

ex s se1 1 (13)

= = ∗P P Re V I( ( ) )r
se

ex r se2 2 (14)

The shunt currents can be injected as complex loads at buses (k, j, n)
as (Fig. 4):

= − × ∗S V I( )k k s (15)
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2.2. Shunt converter modelling

C-UPFC neither absorbs nor injects active power with respect to the
AC system. Hence, the net exchanged active power in C-UPFC equals to
zero in case of no losses being in converters. However, the auxiliary bus
(j) can be represented as a PV type that inject active power (Psh) and
reactive power Q( sh) to the system. Psh balances the exchanged powers
among the converters. Hence, the shunt injected power can be calcu-
lated as:

+ + =P P P 0sh s
se

r
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= = − −P P P Psh ex ex ex3 1 2 (19)

The injected complex loads at the auxiliary PV bus (j) can be given
as:

= − =P P P Q Qandj
load

j sh j
load

j

where Pj and Qj are the real and imaginary parts of Sj, respectively. Qsh
is used for keeping the magnitude of midpoint voltage at the required

value. The injected reactive power can be calculated using the balanced
reactive power equation as described (20). The injected voltage and
shunt current can be calculated using (21) and (22).
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Fig. 4 shows the overall equivalent circuit of C-UPFC which can be
represented by injected fictitious loads (Sk, Sn, Pj

load) and generated
reactive power (Qsh) at buses (k, j, n). These injected fictitious loads can
be added in power mismatch vector of Newton-Raphson load flow code
at the mentioned buses with keeping the original Jacobian matrix
structure.

3. Handling techniques of C-UPFC operating constraints

The operating constraints of C-UPFC are related to series and shunt
converters rating, the C-UPFC constraints can be categorized as:

(1) The series currents constraints passing through the series con-
verters.

(2) The injected series voltages constraints of series converters.
(3) The shunt current constraints of shunt converter.
(4) The injected voltage constraint of shunt converter.
(5) The power exchange among converters.

In general, the main idea of enforcement the operating constraints
of C-UPFC based on modifying the required specified values (Psp, Qs

sp,
Qr

sp, Vj) to a certain values accommodate with converters rating. For
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Fig. 2. Voltage sources representation of C-UPFC.
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maximizing utilizations of C-UPFC, the modified value must capture the
maximum operating values according to (23).

− = ±A A εmax (23)

where A is the current operating value, Amax is the maximum value of
the operating constraints and ε is a small value. The operating con-
straints are checked after the load flow convergence to find their final
values. In case of violations, it can be handled conventionally or by
using the innovative method. In conventional method, the specified
values are reduced gradually and the load flow is recalculated with the
new values then the constraints are rechecked after load flow con-
vergence. However, this process is repeated until (23) is achieved. The
innovative method is applied after the load flow convergence, where,
the operating constraints are checked and the violated constraints are
determined then the load flow is repeated with new specified values. In
These specified values are released to be as a function of the maximum
limit of constraints in the iterative process of the repeated load flow
until the convergence. Hence, the obtained final values of specified
values will enforce the constraints at their maximum limits even if the
load flow is recalculated. However, the innovative method is more
accurate and needs less computation time compared with the conven-
tional method. This due to the saving in times number of load flow
solution.

The constraints enforcement of the operating constraints methods
are presented as:

3.1. Handling method for violation of currents passing through the series
converters

3.1.1. Handling of sending side converter current
The current of send side converter (Ise1) is checked firstly to de-

termine whether its value within the limit or not. If Ise1 is violated, it
must be adjusted at the maximum limit (Ise

max
1 ) according to (23).

Enforcement violation of Ise1 can be achieved using the following
methods:

(1) Conventional method

Referring to (5), enforcement of Ise1 can be achieved by releasing the
specified active power flow in line and/or the reactive powers at
sending side as follows:

(a) Psp is reduced gradually until Ise1 equals to Ise
max

1 according to (23)
but if Ise1 is still violated, Psp is kept at zero and Qs

sp is reduced
gradually until Ise1 equals to Ise
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1 .

(b) Qs
sp is reduced gradually until Ise1 equals to Ise
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1 but if Ise1 is still

violated, Qs
sp is kept at zero and Psp is reduced gradually until Ise1

equals to Ise
max

1
(2) Developed method

An innovative method can be applied for handling violation of Ise1
by releasing the specified active power flow or reactive power as a
function of maximum limit of current and updated during the iterative
process of load flow, the new specified values is deduced using (5) by
substituting Ise1 by Ise

max
1 as follows:
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Hence, the new specified active power that adjusts the series current
at its maximum limit can be given as:
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By the same way the specified reactive power of sending side that
adjust the series current at its maximum limit can be obtained as:
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3.1.2. Handling of receiving side converter current
Enforcement violation of Ise2 can be handled by the same way of

enforcement (Ise1) violation. Violation of Ise2 can be handled by mod-
ifying the specified active power flow or reactive power at receiving
end according to (23) as:

Enforcement violation of Ise2 can be achieved using the following
methods:

(1) Conventional method

Referring to (8), enforcement of Ise2 can be achieved by releasing the
specified active power flow in line and/or the reactive powers at
sending side as follows:

(a) Psp is reduced gradually until Ise2 equals to Ise
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The innovative method can be applied for enforce Ise2 at its max-
imum limit by releasing the specified active power flow or the specified
reactive power at receiving end side from (8) by substituting Ise2 by Ise

max
2

as:
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Hence, the new specified active power that adjusts the series current
of send side converter at its maximum limit can be given as:

= −P I K Q| | ( )new
sp

se
max

r n
sp

2
2

2
2

,
2 (31)

By the same way the specified reactive power of receiving side that
adjust the series current at its maximum limit can be obtained as:
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3.2. Handling method of injected series voltages constrains of series
converters

3.2.1. Handling the injected voltage of sending side converter
If Vs value is violated, it must be adjusted to its maximum limit

(Vs
max) according to (23). Strategy of enforcement violation of Vs can be

achieved conventionally by the same way of enforcement (Ise1) violation
by reducing the specified active power flow or reactive power at
sending side gradually until (23) is achieved. Enforcement violation of
Vs can be achieved using the following methods:

Enforcement of Vs can be achieved by releasing the specified active
power flow in line and/or the reactive powers at sending side as fol-
lows:

(1) Conventional method
(a) Psp is reduced gradually untilVs equals toVs

max according to (23)
but if Vs is still violated, Psp is kept at zero and Qs

sp is reduced
gradually until Vs equals to Ise

max
1 .

(b) Qs
sp is reduced gradually until Vs equals to Vs

max but if Vs is still
violated, Qs

sp is kept at zero and Psp is reduced gradually until Vs
equals to Vs

max

(2) Developed method

The developed strategy can be applied for handling violation of Vs
by releasing the specified active power flow or reactive power at
sending side as a function of Vs

max. The new released values that enforce
Vs to its maximum limit can be deduced from (1) as:
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However, (37) can be rewritten in a simple form as:
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From the previous equation, the new specified active and reactive
powers at sending side that adjust the injected voltage of the send side
converter can be given as:

= − ± −P B B AC
A

4
2new

sp
2

(40)

where =A X( )s
2, =B K X2 s4 and = − + +C K K Q X Q X2 ( ) ( )s k

sp
s s k

sp
s4

2
8 , ,

2 2

− ∗K V V| | | |s
max

k5
2 2 2

From (39) the new reactive power at sending side is given as:
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Based on (40) and (42), two solutions can be obtained for Pnew
sp and

two solutions for Qs new
sp to handle the violation of series injected voltage

of sending side converter.

3.2.2. Handling the injected voltage of receiving side converter
If Vr value is violated, it must be adjusted to its maximum limit

(Vr
max) according to (23).
The violation of Vr can be enforced as follows:

(1) Conventional method
(a) Psp is reduced gradually untilVr equals toVr

max according to (23)
but if Vr

max is still violated, Psp is kept at zero and Qr
sp is reduced

gradually until Vr equals to Vr
max.

(b) Qr
sp is reduced gradually until Vr equals to Vr

max but if Vr is still
violated, Qr

sp is kept at zero and Psp is reduced gradually until Vr
equals to Vr

max .
(2) Developed method

The developed method can be applied for handling violation ofVr by
releasing the specified active power flow or reactive power at receiving
side as a function of Vr

max. The new released values that enforce Vr to its
maximum limit can be obtained from (2) as:

=V I jXr r r (43)

By substituting Ir from (7) in (43) and let =V Vr r
max

⎜ ⎟⎜ ⎟= ⎛
⎝

⎛
⎝

⎞
⎠

−
− ⎞

⎠

∗

V
S
V

V V
jX

jXr
max r n

sp

n

j n

r
r

,

(44)

By substituting ofVn,Vj Vand r and doing some manipulations in (44)

=
− − + + +

∗V
Q X K K j X P K

V
( ) (( ) )

r
max r n

sp
r r

sp

n

, 6 2
2

7

(45)
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where = ∗K V Vn n2
2 , = +K V V V V( )n

Re
j
Re

n
Im

j
Im

6 and = −K V V V V( )n
Re

j
Im

n
Im

j
Re

7

=
− + + +

∗V
Q X K j X P K

V
| |

|( ) (( ) )|
| |r

max r n
sp

r r
sp

n

, 8 7

(46)

where = − +K K K8 6 2
2

For simplification, Eq. (46) can be rewritten as:

+ + + + − −

=

∗X P K X P K X Q K X K Q V V( ) 2 ( ) 2 | | | |

0
r

sp
r

sp
r r n

sp
r r n

sp
r
max

n
2 2

7 7
2 2

,
2

8
2

8 ,
2 2

(47)

Referring to (47), the new specified active power or reactive power
of receiving end side that enforce the injected voltage violation of re-
ceiving side converter can be given as:

=
− ± −

P
B B A C

A
4

2new
sp 2 2

2
2 2

2 (48)

where =A Xr2
2, =B K X2 r2 7 and = + − + −C Q X K X K Q K( ) 2r n

sp
r r r n

sp
2 ,

2 2
8
2

8 , 7
2

∗V V| | | |r
max

n
2 2

=
− ± −

Q
B B A C

A
4

2r n new
sp
,

3 3
2

3 3

3 (49)

=A Xr3
2, = −B X K2 r3 8 and = + + + −C X P K K X P K( ) 2r

sp
r

sp
3

2 2
8
2

7 7
2

∗V V| | | |r
max

n
2 2

Then, referring to (10)

=
⎛

⎝
⎜

− ± − ⎞

⎠
⎟ + − +Q

B B A C
A

V B I X V B4
2 4 2 4r new

sp
l nl n

3 3
2

3 3

3

2 2 2

(50)

3.3. Handling method for violation of injected shunt voltage and current

IfVsh is violated, it must be adjusted at its maximum value. Violation
of the shunt injected voltage can be simply enforced by alleviating the
specified voltage at the midpoint until (23) is achieved.

If Ish value is violated, it must be adjusted at its maximum value. In
conventional method, Ish is enforced by reducing Psp or Qs

sp or Qr
sp

gradually until is achieved.
In developed method, the new specified values that handle Ish vio-

lation can be obtained by substituting the value of Ise1 and Ise2 from (5)
and (8) in (22).

⎜ ⎟ ⎜ ⎟= −⎛
⎝

⎞
⎠

+ ⎛
⎝

⎞
⎠

∗ ∗

I
S
V

S
Vsh

s k
sp

k

r n
sp

n

, ,

(51)

Let Ish equals to Ish
max with doing some manipulations in (51).

=

− + + −

+ + + − −
∗ ∗I

P V Q V P V Q V

j V Q V P V Q V P

V V
| |

( ) ( )

(( ) ( ))

| |sh
max

sp
n
Re

s k
sp

n
Im sp

k
Re

r n
sp

k
Im

n
Re

s k
sp

n
Im sp

k
Re

r n
sp

k
Im sp

k n

, ,

, ,

(52)

+ − − + + − −

+ + − + −

− =∗ ∗

Q K Q Q V V Q V V P K K V V V V

Q K P Q V V Q V V Q V V Q V V

I V V

( ) ( 2 2 ) ( ) ( 2 2 )

( ) (2 2 2 2 )

| | | | 0
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n
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k
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n
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Re sp

n
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k
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n
Im

k
Im

s k
sp sp
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k
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n
Im

s k
sp

n
Re

k
Im

r n
sp

n
Re

k
Im

r n
sp

n
Im

k
Re
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k n

,
2

1
2

, , ,
2

1
2

2
2

,
2

2
2

, , , ,

2 2

(53)

The new specified value of active power flow that used to handle the
violation of Ish can be captured from (53) as:

=
− ± −

P
B B A C

A
4

2new
sp 4 4

2
4 4

4 (54)

where

= + − −A K K V V V V( 2 2 )n
Re

k
Re

n
Im

k
Im

4 1
2

2
2 ,

= − + −B Q V V Q V V Q V V Q V V(2 2 2 2 )s k
sp

k
Re

n
Im

s k
sp

n
Re

k
Im

r n
sp

n
Re

k
Im
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n
Im

k
Re
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= + − − +
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C Q K Q Q V V Q V V Q K
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s k
sp

n
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k
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s k
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n
Re

k
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4 ,
2
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2

, , ,
2

2
2

2 2

The new specified value of sending side reactive power flow that
handle the violation of Ish can be captured from (53) then substituting
this value in (6):

=
⎛

⎝
⎜

− ± − ⎞

⎠
⎟− + −Q

B B A C
A

V B I X V B4
2 4 2 4s new

sp
i ik k

5 5
2

5 5

5

2 2 2

(55)

where

=A k5 2
2

= − − − +B P V V Q V V Q V V P V V2 2 2 2sp
n
Re

k
Im

r n
sp

k
Re

n
Re

r n
sp

n
Im

k
Im sp

k
Re

n
Im

5 , , and
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+ + − ∗ ∗

C P K K V V V V P Q V V
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2 | | | |

sp
n
Im

k
Im

n
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k
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n
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n
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r n
sp

k
Im
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5
2

1
2

2
2

,

, ,
2

1
2 2 2

The new specified value of receiving side reactive power flow which
handles violation of Ish can be captured from (53) then substituting this
value in (10):

=
⎛

⎝
⎜

− ± − ⎞

⎠
⎟ + − +Q

B B A C
A

V B I X V
4

2 4 2
B
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6 6
2
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6

2 2 2

(56)

where =A K6 1
2,

= − + − −B P V V V P V Q V V Q V V2 2 2 2sp
k
Re

n
Im

n
Re sp

k
Im
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sp

k
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n
Re
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n
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k
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n
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sp sp

n
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k
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n
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6
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2
2
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,
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3.4. Handling method for violation of exchanged power among converters

The exchanged power among converters (P P P, ,ex ex ex1 2 3) must be
checked. If the violations occurred, these values must be adjusted to be
close to its maximum values according to (23). Conventionally, en-
forcement violation of Pex1 can be achieved by the same way of en-
forcement (Ise1) violation by reducing the specified active power flow or
reactive powers at sending side gradually until (23) achieved. Pex1 can
be enforced by releasing the specified active power flow or reactive
power at sending side as a function of Pex

max
1 . Substitute the values of Vs

and Ise1 from (3) and (5) in (13) as:

⎜ ⎟= ⎛

⎝
⎜
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⎝
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⎞
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⎟P Re I jX

S
V
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s s
s k
sp

k
1

,

(57)

By substituting of Is from (3) in (58) and substituting of Vk,Vj in (57)
and doing some manipulations.

⎜ ⎟= ⎛
⎝

− − + + + ⎞
⎠

P Re P jQ
K

K jK P jQ1 [( )( )]ex
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s k
sp sp
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1 ,
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2 3 4 , (58)

where K3 = +V V V Vk
Re

j
Re

k
Im

j
Im, where, = ∗K V Vk k1

2 and K4 =
−V V V Vk

Re
j
Im

k
Im

j
Re

= −P P K
K Q

Kex
max sp s k

sp

1 9
4 ,

1
2 (59)

where = −( )K 1K
K9

3

1
2 hence;

⎜ ⎟= ⎛
⎝

+ ⎞
⎠

P
K

P
Q
K

1
new
sp

ex
max s k

sp

9
1

,

1
2

(60)

The new specified value of reactive power at sending side can be
obtained by substituting the value of Qs k

sp
, from (59) in (6)

= − − + −Q K P K P V B I X V B( ( ))
4 2 4s new

sp sp
ex
max

i ik k1
2

9 1
2 2 2

(61)

The violation of Pex2 can be enforced conventionally, by decreasing
the specified active power flow or reactive powers at receiving end side
gradually until (23) is achieved. A developed method can be applied for
handling violation of Pex2 by releasing the specified active power flow or
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Start

Read the system input data and C-UPFC 
data

Define the specified values 

Form the admittance matrix (Y)

Set iteration = 0

Calculate S k ,Sn,Qsh,Pj load

Form the Jacobian matrix and
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Fig. 5. Load flow solution with the developed C-UPFC model and operating constrains handling.
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reactive power at receiving side as a function of Pex
max

2 , the new specified
values can be deduced by substituting the values of Vr and Ise2 from (2)
and (8) in (14) as:

⎜ ⎟⎜ ⎟= ⎛
⎝

⎛
⎝

⎞
⎠

⎞
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P Re I jX
S
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r r

r n
sp

n
2

,

(62)

By substituting Ir from (7) in (62) and substituting ofVk,Vj and Sr n
sp
, in

(64) and doing some manipulations.
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where = ∗K V Vn n2
2

For simplifying. Eq. (63) can be rewritten as:
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where = +K V V V V( )n
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where = −( )K 1 K
K10
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Hence;
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= −Q
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Then referring to (10)
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The violation of Pex3 can be enforced by releasing the specified active
power flow or reactive power at receiving side or the reactive power at
sending side as a function of Pex

max
3 which can be deduced by substituting

the values of Pex1 and Pex2 from (58) and (65) in (19) as:

= + −P P K K
K

Q K
K
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s k
sp
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sp
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where = − −K K K( )11 9 10
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(71)

By substituting value of Qs k
sp
, from (70) in (6) as:
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(72)

By substituting value of Qr n
sp
, from (70) in (10) as:

⎜ ⎟⎜ ⎟= ⎛
⎝

⎛
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⎠
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K
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Q P V B I X V
4 2

B
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sp sp
s k
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l nl n
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1
2 , 3
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(73)

Implementation of (40), (42), (48), (49), (54), (55) and (56), two
solutions are obtained for enforcement the operating constraints. The
closest solution to the original specified is selected as the suitable so-
lution.

The steps of load flow solution with inclusion of the C-UPFC model
and operating constrains determination are given in Fig. 5. Table 1
summarizes the violation handling methods for C-UPFC where the
bolded methods refer to the developed methods for constraints en-
forcement while the others values refer to conventional methods. Fi-
nally, a comparison including conventional and the developed methods
are presented in Table 2.

4. Simulation results

The proposed modelling of C-UPFC device in load flow moreover,
the proposed operating constraints handling methods are validated
using standard IEEE 118-bus and 30-bus test systems. Lines, buses and
generators data of these systems are given in [22]. For all case studies,

Table 1
Strategies of enforcement the operating constrains of C-UPFC.

Violated parameter Handling methods

Ise1 1- (a) Reduce Qs
sp gradually. If Ise1 still violated use (b).

(b) =Q 0s
sp Then reducing Psp gradually.

2- (a) Reduce Psp gradually. If Ise1 still violated use (b).
(b) =P 0sp Then reducing Qs

sp gradually.
3- Modify Psp according to (26) or Qs

sp according to
(28).

Ise2 1- (a) Reduce Qr
sp gradually. If Ise2 still violated use (b)

(b) =Q 0r
sp Then reducing Psp gradually.

2- (a) Reduce Psp gradually. If Ise2 still violated use (b).
(b) =P 0sp Then reducing Qr

sp gradually.
3- Modify Psp according to (31) or Qr

sp according to
(33).

Vs 1- (a) Reducing Qs
sp gradually. If Vs still violated use (b)

(b) =Q 0s
sp Then reducing Psp gradually.

2- (a) Reducing Psp gradually. If Vs still violated use (b)
(b) =P 0sp Then reducing Qs

sp gradually.
3- Modify Psp according to (40) or Qs

sp according to
(42).

Vr 1- (a) Reducing Qr
sp gradually. If Vr still violated use (b)

(b) =Q 0r
sp Then reducing Psp gradually.

2- (a) Reducing Psp gradually. If Vs still violated use (b)
(b) =P 0sp Then reducing Qr

sp gradually.
3- Modify Psp according to (48) or Qr

sp according to
(50).

Vsh 1- Alleviate the specified voltage at the midpoint.
Ish 1- Reduce Psp or Qs

sp or Qr
sp gradually.

2- Modify Psp according to (54) orQs
sp according to (55)

or Qr
sp according to (56).

Pex1 1- (a) Reduce Qs
sp gradually. If Ise1 still violated use (b).

(b) =Q 0s
sp Then reducing Psp gradually.

2- (a) Reduce Psp gradually. If Ise1 still violated use (b).
(b) =P 0sp Then reducing Qs

sp gradually.
3- Modify Psp according to (60) or Qs

sp according to
(61).

Pex2 1- (a) Reduce Qr
sp gradually. If Pex2 still violated use (b)

(b) =Q 0r
sp Then reducing Psp gradually.

2- (a) Reduce Psp gradually. If Ise2 still violated use (b).
(b) =P 0sp Then reducing Qr

sp gradually.
3- Modify Psp according to (66) or Qr

sp according to
(68).

Pex3 1- (a) Reduce Qs
sp gradually. If Pex3 still violated use (b).

(b) =Q 0s
sp Then reducing Psp gradually.

2- (a) Reduce Psp gradually. If Pex3 still violated use (b).
(b) =P 0sp Then reducing Qs

sp gradually.
3- (a) Reduce Qr

sp gradually. If Pex3 still violated use (b)
(b) =Q 0r

sp Then reducing Psp gradually
4- Modify Psp according to (70) orQs

sp according to (72)
or Qr

sp according to (73).
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the impedance of coupling transformers of C-UPFC are taken equal to
j0.1p.u. The convergence tolerance is taken 10−5 and system base MVA
is 100. The program code was written in MATLAB 2009a and run on a
PC with core i5 processor, 2.50 GHz and 4 GB RAM. The case studies are
presented as follows:

4.1. IEEE 118-bus test system

4.1.1. Incorporating single C-UPFC controller
The C-UPFC model is incorporated in standard IEEE 118-bus test

system. To demonstrate the efficiency of developed model, four studied
cases are presented where; C-UPFC is incorporated in different locations
with different specified values. The parameter settings of C-UPFC are
listed in Table 3 and the studied cases are presented as follows:

Case (1): In this case, C-UPFC is connected in line 27–32. The ori-
ginal power flow in this line is 12.47MW+ j0.51 MVAR and the
specified values are selected to be more than the original value.
Case (2): In this case, C-UPFC is connected in line 54–55. The ori-
ginal power flow in this line is 7.07MW+ j1.46 MVAR and C-UPFC
is connected to adjust Psp to be more than the original value and Qs

sp

and Qr
sp are adjusted to be in opposed direction of the original re-

active power flow.
Case (3): In this case, C-UPFC is connected in line 15–19. The ori-
ginal power flow in this line is 10.84MW-j11.12 MVAR. The C-UPFC
is connected to adjust Psp,Qs

sp and Qr
sp to be in opposed direction of

their original values.
Case (4): In this case, C-UPFC is connected in line 105–104. The
original power flow in this line is - 48.64MW- j2.57 MVAR. The C-
UPFC is connected to adjust Psp is to be less and in opposite direction
of the original value, Qs

sp is adjusted to be more than original re-
active power flow and Qr

sp are adjusted to be in opposed direction of
the original reactive power flow.

Referring to Table 3, it can be obvious that the injected voltages and
the exchanged powers of the series and shunt converters are varied with

variation of the specified values. Table 4 shows the generated shunt
reactive power, the voltages at auxiliary buses and the injected loads for
all studied cases. It can be obvious that these values are also changed
with the changing of specified values. The convergence characteristic of
presented model is realized by illustrating the absolute power mis-
matches of the Newton-Raphson power flow as function of number of
iterations for the presented cases as shown in Fig. 6.

4.1.2. Incorporating two C-UPFC controllers
In this section two C-UPFC controllers are incorporated in IEEE 118-

bus systems to verify the validity and efficiency of the proposed model.
The first C-UPFC is incorporated at line 54–55 where the original line
flow without inclusion controllers is 7.069MW+ j1.458 MVAR while
the second C-UPFC is incorporated at line 89–92 where the original line
flow without inclusion controllers is 63.606MW - j6.938 MVAR. The
parameters of the controllers are listed in Table 5. The generated shunt
reactive powers, the voltages at auxiliary buses and the injected loads
with inclusion of two C-UPFC controllers are depicted in Table 6. The
convergence characteristic for this case is depicted in Fig. 7.

4.2. IEEE 30-bus test system

In this section the proposed methods for handling the operating
constraints violation of C-UPFC device are applied and validated. C-
UPFC is incorporated in IEEE 30-bus test system at the midpoint of
transmission line between buses (8–6). The original power flow without
C-UPFC in the mentioned line is −29.43+ j3.20 MVA. The specified

Table 2
Comparisons between the conventional method and the proposed method.

Conventional method Developed method

• This method based on reducing the specified values gradually and the load flow is
recalculated with the new values then the constraints are rechecked after load flow
convergence.

• This method based on modifying and updating the specified values as a
function of maximum limit of the operating constraints.

• It is less accurate compared to developed method where, its accuracy is based on the steps
range of the gradual decreasing of the specified values.

• It is more accurate where it handles the violated value at its maximum
limit precisely.

• It needs more computational time due to repetition of load flow. • It needs less computation time compared with the conventional method.
This due to the saving in times number of load flow solution.

Table 3
Parameters of C-UPFC for different studied cases (IEEE 118-bus system).

Case→ 1 2 3 4

Location (27–32) (54–55) (15–19) (105–104)
V p u( . )sp 1.05 1.02 1.00 1.04
P MW( )sp 60.00 10.00 −15.00 40.00

Q MVAR( )s
sp 30.00 −5.00 20.00 −30.00

Q MVAR( )r
sp 30.00 −2.00 10.00 15.00

V p u( . )s 0.1613
∠−127.3°

0.0592
∠−142.3°

0.0909
∠158.7°

0.1891
∠−75.8°

P MW( )ex1 4.5622 0.6695 −0.1315 5.9237
V p u( . )r 0.1106

∠129.0°
0.0783
∠178.3°

0.0520
∠−96.7°

0.1924
∠125.5°

P MW( )ex2 −5.8071 −0.7190 0.7280 −4.1356
V p u( . )sh 1.0464

∠14.7°
1.0213
∠15.1°

0.9883
∠10.9°

1.0775
∠20.5°

P MW( )ex3 1.2449 0.0495 −0.5965 −1.7881

Table 4
Shunt reactive power, injected loads and the auxiliary buses voltage for dif-
ferent studied cases (IEEE 118-bus system).

Case Q MVAR( )sh V p u( . )k V p u( . )n S MVA( )k S MVA( )n

1 −3.7616 0.956
∠12.47°

0.976
∠16.97°

99.584+
j117.794

−99.971+
j 40.660

2 1.278 0.957
∠15.08°

0.951
∠15.28°

10.858+
j26.160

−10.857+
j 35.640

3 −11.6833 0.966
∠12.02°

0.965
∠9.87°

−24.070+
j36.721

24.053+
j7.198

4 39.0129 0.971
∠14.73°

0.974
∠26.57°

91.782+
j0.853

−92.570+
j14.548

Fig. 6. Convergence characteristic of 118-bus test system studied cases.
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values are taken to be 1.02 p.u, 45MW, 30 MVAR and 35 MVAR for the
voltage of the midpoint, power flow through the transmission line, re-
active power at the sending side and reactive power at the receiving
side, respectively. In this section, the conventional and proposed
methods for handling the violated operation constraints of C-UPFC
model are presented. All numerical results of studied cases are illu-
strated in Table 7 where, the bold values highlight the enforced values
and the modified specified values. The selected value of ε in (23) is
taken to be 10−3. The studied cases presented as follows:

Case (1): In this case, C-UPFC is connected in line No. 10 between
buses 8–6 and there is no constraints enforcement applied for C-
UPFC device.
Case (2): It is similar to case (1), except that Ise

max
1 is limited to be

0.4800 p.u. Ise
max

1 is enforced conventionally by reducing the speci-
fied active power flow gradually. Ise

max
1 is enforced conventionally by

reducing the specified active power flow gradually with 0.05MW
per step until (23) is achieved. The required computation time for
handling the series current violation conventionally for this case
equals to 4.89 s.
Case (3): It is similar to case (2), except that Ise

max
1 is enforced using

the developed methods by releasing the specified active power ac-
cording to (26). The modified active power that handles the viola-
tion of series current equals 35.873MW. The required computa-
tional time for this case is reduced to 0.3065 s. Hence, Ise

max
1 is

enforced more accurately at the required value using the proposed
method and need less computational time compared to conventional
method (case 2) as illustrated in Table 7.
Case (4): It is similar to case (1), except that Ise

max
2 is enforced con-

ventionally by reducing the specified reactive power flow of re-
ceiving side gradually with 0.01 MVAR per step until (23) is
achieved where Qr

sp is reduced to 16.100 MVAR. The required
computation time for handling the series current violation in this
case equals to 4.909 s.
Case (5): It is similar to case (4), except that Ise

max
2 is enforced using

the proposed method by releasing the specified reactive power flow
of receiving side power according to (33). The modified reactive
power flow of receiving side power that handles the violation of
series current of sending side converter equals 16.1719 MVAR. The
required computation time for this case is reduced to 0.3534 s.
Hence, Ise

max
2 is enforced more accurately at the required value using

the proposed method and need less computation time compared to
conventional method (case 4) as illustrated in Table 7.
Case (6): It is similar to case (1), except that Vs

max is limited to be

0.1750 p.u. Vs
max is enforced conventionally by reducing the speci-

fied active power flow gradually. Vs
max is enforced conventionally by

reducing the specified active power flow gradually with 0.05MW
per step until (23) is achieved. The required computational time for
handling violation of this value conventionally equals to 2.1809 s.
Case (7): It is similar to case (6), except that Vs

max is enforced using
the proposed method by releasing the specified active power ac-
cording to (40). The modified active power that handles the viola-
tion of Vs equals 39.822MW. The required computational time for
this case is reduced to 0.3065 s. Hence, Vs

max is enforced more ac-
curately at the required value using the proposed method and need
less computational time compared to conventional method (case 6)
as illustrated in Table 7.
Case (8): It is similar to case (1), except that Vr

max is limited to be
0.1500p.u. Vr

max is enforced conventionally by reducing the speci-
fied active power flow gradually. Vr

max is enforced by reducing the
specified active power flow gradually with 0.05MW per step until
(23) is achieved where the specified active power is reduced to
37.60MW.The required computation time for handling the Vr vio-
lation in this case equals to 4.1464 s.
Case (9): It is similar to case (8). Vr

max is enforced using the pro-
posed method by releasing the specified active power according to
(48). The modified active power that handles the violation of Vr

equals to 37.968MW. The required computation time for this case
equals to 0.1356 s. Hence, Vr

max is enforced more accurately at the
required value using the proposed method and need less computa-
tion time compared to conventional method (case 8) as illustrated in
Table 7.
Case (10): It is similar to case (1), except that Pex

max
1 is limited to be

1MW. Pex
max

1 is enforced conventionally by reducing the specified
reactive power flow of receiving side gradually.Pex

max
1 is enforced by

Table 5
Parameters of C-UPFC controllers (IEEE 118-bus system).

Parameter Sending side converter Receiving side converter Shunt converter

Vs
(p.u)

Pex1
(MW)

Vr
(p.u)

Pex2
(MW)

Vsh
(p.u)

Pex3
(MW)

Frist
C-UPFC

0.0742 ∠−155.4° 0.6921 0.0632 ∠−175.9° −0.7030 1.0181∠15.1° 0.0109

Second
C-UPFC

0.0506 ∠69.3° −3.2481 0.0298 ∠13.2° 2.0713 1.0707∠ 36.4° 1.1768

Table 6
Shunt reactive power, injected loads and the auxiliary buses voltage with incorporating double C-UPFC controllers.

Psp

(MW)
Qs

sp

(MVAR)
Qr

sp

(MVAR)
V sp

(p.u)
Q MVAR( )sh V p u( . )k V p u( . )n S MVA( )k S MVA( )n

Frist
C-UPFC

70 −15 20 1.03 −1.9020 0.953
∠15.0°

0.954
∠15.2°

11.71+ j69.73 −11.71+ j59.10

Second
C-UPFC

10 5 5 1.02 41.9561 1.058
∠41.3°

1.038
∠32.0°

−25.17 −j47.27 9.9503−j29.26

Fig. 7. Convergence characteristic with inclusion two C-UPFC controllers.
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reducing the specified reactive power flow gradually with 0.05
MVAR per step until (23) is achieved where the specified reactive
power is reduced to 21.70 MVAR. The required computation time
for handling the Pex1 violation in this case equals to 2.9979 s.
Case (11): It is similar to case (8), except that Pex

max
1 is enforced using

the proposed method by releasing the specified reactive power flow
of receiving side according to (61). The modified reactive power
flow of sending side that handles the violation Pex1 equals to 21.7445
MVAR. The required computation time for this case is reduced to
0.3744 s. Hence, Pex

max
1 is enforced more accurately at the required

value using the proposed method and need less computation time
compared to conventional method (case 10) as illustrated in Table 7.

The number of iterations and simulation time for studied cases
considering the operating constraints of C-UPFC using the developed
and conventional methods are listed in Table 8. It can be observed that
the developed methods need less computational time and number of
iterations compared with the conventional method for handling the
operating constraints. This due to the saving in times number of load
flow solutions.

5. Conclusion

This paper has proposed a comprehensive modelling for Center-
node Unified Power Flow Controller into load flow analysis. In this
model, the C-UPFC is represented with injected loads as a function of
specified control variables. The main advantages of this model are
avoiding the modification of Jacobian matrix and reducing the com-
plexities of including C-UPFC into load flow codes. In addition of that,
innovative developed methods have proposed for handling operating
constraints violation of C-UPFC device. These methods are based on
releasing the specified control values of C-UPFC as a function of their

maximum limits. The released values are included and updated during
the iterative process of load flow algorithm. More accurate operating
constraints values have been obtained with less computation time
compared with the conventional methods. The numerical results of
various studied cases using IEEE 30-bus and IEEE 118-bus test systems
demonstrated the feasibility and superiority of proposed C-UPFC model
and the operating constraints handling methods.
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